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ABSTRACT 
In the present paper we introduce a new family of mixed summation integral type operators to approximate the 
functions integrable on [0,). We obtain an error estimation formula and an asymptotic formula by these operators 
in simultaneous approximation.  
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1.    INTRODUCTION 
The family of mixed summation –integral type operators introduced in the present paper is defined as  
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It can be easily verified that the operators defined above are linear positive operators and that  Rn(1, x)=1. The main 
object of the present paper is to study some direct results namely an error estimation formula and an asymptotic 
formula for these operators in simultaneous approximation.  
 
2.    AUXILIARY RESULT 
We will subsequently need the following lemmas: 
 
Lemma 1. For m (
0 N  the set of all positive integers including zero), if the m-th order moment is defined as 
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Proof: For x=0, the relation (2.1) is obvious, for x(0,) we proceed as follows: 
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This yields (2.1) 
For m=2, the relation (2.1) is true because  ( 2 , n  x) =
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Now integrating by part r times we get (2.3). 
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3.    MAIN RESULTS 
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Uniformly on  ] , [ b a   , where l is a natural number bigger than v/2.combining the estimates of  
3 2 1     , L and L L , we get the required result. 
 
4.    REFERENCES 
 
[1]  V.A.Baskakov,  An  Example  of  linear  positive  operators  in  the  space  of  continuous 
function,Dokl.Akad.Nauk.SSSR 113(1957) 249-251. 
 
[2] M.M.Derriennic, Sur l’approximation de functions integrable sur [0,1] pardes polynomes de Bernstein modifies, 
J.Approx. Theory 31 (1981) 325-343. 
 
[3]    M.K.Gupta  Vijay  Gupta  Manoj  Kumar,Direct  and  inverse  estimates  for  a  new  family  of  linear  positive 
operator,J.Math.Anal.Appl. 330 (2007) 799-816 
 
[4]  Vijay  Gupta  ,  Error  estimation  for  mixed  summation-integral  type  operators 
Journal of Mathematical Analysis and Applications, Volume 313, Issue 2, ( 2006), Pages 632-641 
 
[5] C.P. May, Saturation and inverse therems for combinations of a class of exponential type operators, Can.J.Math., 
28 No.6 (1976) 1224-1250. 
 
[6]  R.P.Sinha    P.N.Agrawal    Vijay  Gupta,  On  simultaneous  apprximation  by  modified  Baskakov  operators, 
Bull.Soc.Math.Belg.Tijdschr. Belg. Wisk.Gen. 43 (1991) 2,ser.B. 
 
[7] H.M.Srivastava, Certain family of summation-integral type operators, Math.Comput.Modelling 37 (2003) 1307-
1315. 
 